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1. Introduction
This thesis investigates the problem of Au-
tonomous Air-to-Air Landing (AAAL), in which
a small Unmanned Aerial Vehicle (UAV) au-
tonomously lands on a larger carrier drone in
motion. This complex task integrates vision-
based navigation, state estimation, and con-
trol under dynamic conditions. In the proposed
framework, the follower UAV tracks the carrier
by detecting an ArUco marker mounted on the
landing platform, which provides relative posi-
tion measurements for the navigation system.
The aim of this work is to build upon the ap-
proaches presented in [1] and [2] to enhance dis-
turbance rejection and improve the estimation of
the acceleration of the target, both of which are
essential for achieving accurate tracking, as well
as to facilitate the transition from preliminary
simulations to in-flight experiments. In [2], the
proposed design is able to ensure autonomous
landing only for slowly varying velocity of the
carrier trajectory with almost null acceleration.
To address this limitation, three complementary
approaches are investigated. The first involves
replacing the standard state estimator with an
alternative scheme capable of reconstructing the
acceleration of the carrier, which represents the

main exogenous influence on the system. The
other two approaches are based on the develop-
ment of an adaptive law which rely on internal-
model–based compensators. With these meth-
ods, the controller is able to accurately track not
only constant carrier acceleration but also har-
monic ones. These methods are first evaluated
in a dedicated simulation environment, and the
most promising ones are subsequently tested in
the Flying Arena for Rotorcraft Technologies of
Politecnico di Milano.

2. Problem Description
This section describes the system dynamics and
the control law developed in [2] to ensure safe
and fast Autonomous Air-to-Air Landing.

2.1. Dynamics of Underactuated
VTOL UAV

According to [2], the simplified dynamics used
for control design of the small follower UAV is
given by:

Ṙf = RfS(ωc),

ẋf = vf ,

mv̇f = −mge3 + tcRfe3 + fe,

(1)

(2)

(3)
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where xf ∈ R3 is the position of the follower
in the inertial frame, tc ∈ R>0 is the control
thrust, ωc ∈ R3 is the control angular velocity,
Rf ∈ SO3 is the rotation matrix that allows
the change from the body frame to the inertial
frame, S(ω) is the skew-symmetric operator, fe
is the exogenous force term, m is the drone mass
and g = 9.81m/s2 is the gravity acceleration.
Note that the subscript f denotes the follower
while t refers to the target.
Once the dynamics are defined, the tracking er-
ror can be expressed as:

ep := xf − xt, (4)

where xt ∈ R3 is the target position. From this,
the error dynamics can be expressed as:

ėp = ẋf − ẋt = vf − vt. (5)

Defining the control input uv such that the ve-
locity error is ev = vf − uv, the error dynamics
can be re-written as:

ėp = vf − vt ± uv = uv − vt + ev. (6)

From (3) and (6), the time derivative of the ve-
locity error becomes:

ėv = v̇f − u̇v = −ge3 + acRfe3 + ae − u̇v, (7)

where ac := tc
m is the control acceleration, and

ae :=
fe
m is the acceleration related to exogenous

disturbances. Since ac ∈ R>0 does not span R3,
it cannot be used to control the velocity error
dynamics. Therefore, a virtual input ua must
be included in (7):

ėv = −(ge3 + u̇v) + acRfe3 + ae ± ua. (8)

Re-adjusting equation (8) for underactuated
UAVs results in:

ėv = − (ge3 + u̇v) + ua + ae +∆a(Rp, Re, ua), (9)

where ∆a :=
(
RpReR

⊤
p − I3

)
ua is the mis-

match between virtual acceleration ua and the
acceleration actually delivered by the follower
drone, Rp is the planned attitude [3] and Re is
the attitude error. Given that ∆a depends on
the attitude error Re, it can be driven to zero
using a suitable attitude controller [2]. There-
fore, the proposed AAAL control law focuses on
designing uv and ua to ensure that the tracking
error converges to zero in a safe manner.

2.2. Control Law and Hybrid Logic
In this section, the fundamentals of the landing
logic, specifically the design of uv as introduced
in [2], are briefly reviewed for completeness. The
emphasis, however, is placed on the design of ua,
which represents the core contribution of this
work.
The control law follows a three-layer hierarchi-
cal architecture, composed of a position layer, a
velocity layer, and an attitude layer. The posi-
tion controller is based upon the error dynam-
ics equation. The error is split into two differ-
ent components, the planar and vertical compo-
nents, which can be defined as e⊥p :=

[
ep1 ep2

]⊤
and ep3 . In addition, the hybrid logic is used in
order to limit the control input to perform a safe
landing maneuver. The control input saturation
levels are dependent on the logic state provided
by the hybrid logic which in turn is dependent
on the tracking error. The different logic states
q ∈ Q := {0, 1, 2} are defined as follows:

C0 := {ep ∈ R3 : e⊥p ≥ rm, ep3 ≥ ha} (10)

C1 := {ep ∈ R3 : e⊥p ≤ rm, ep3 ≥ ha} (11)

C2 := {ep ∈ R3 : e⊥p ≤ rm, ep3 = 0}, (12)

where ha is the altitude at which mode 1 (ap-
proach mode) ends, and rm is the horizontal dis-
tance that determines where mode 0 (synchro-
nization mode) ends. Since there are transitions
between states, a term ∆ is introduced as a hys-
teresis mechanism to avoid chattering. Figure 1
depicts how the logic works, the different modes
and the conditions for each mode in terms of
planar and vertical error.
Knowing this, the control input uv is defined in
terms of the hybrid logic, as well as saturation
functions and levels.
After defining the position controller, a velocity
controller is introduced to track uv, the virtual
input velocity. This is done with the use of the
virtual acceleration input ua. For the derivation
of the velocity control law, the ∆a mismatch is
assumed to be zero under the assumption of fast
attitude control. Therefore, the derivative of the
error dynamics is given by:

ėv = −ge3 + ua + ae +Depγq(ep)ėp − v̇t

= −ge3 + ua + ae

+Depγq(ep)(ev − γq(ep))− v̇t,

(13)

(14)
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Figure 1: Landing Logic.

where ua := u
m is the control acceleration in-

put. Since the acceleration of the carrier v̇t is
unknown, it was added to the exogenous term.
Thus, the exogenous term, acting as disturbance
acceleration, is given by:

ad = ae − v̇t, (15)

with ∥ad∥ ≤ aM , where aM ∈ R≥0 is the as-
sumed upper bound of the total disturbance ac-
celeration. Since the disturbance cannot be mea-
sured, an observer-based adaptive control law
was implemented to compensate for it:

˙̂ev = −γv(ev) + L(ev − êv)

˙̂ad = proj(âd,−Γd(êv − 2ev))

ua = ge3 −Depγq(ep)(ev − γq(ep))

+ γv(ev)− âd,

(16)

(17)

(18)

where (êv, âd) ∈ R3 × R3 is the state of the
controller, γv(ev) := σM (Kvev) is the satu-
rated velocity stabilizer, L ∈ R3×3, Γd ∈ R3×3,
Kv ∈ R3×3 are diagonal positive-definite matri-
ces, and M ∈ R>0 are the saturation levels used
for each axis. Finally, given y ∈ R, the projec-

tion operator is defined as

proj(θ, y) :=
y − f(θ)

∇f(θ)(∇f(θ))⊤

∥∇f(θ)∥2
y,

if
[
f(θ) > 0 ∧ y⊤∇f(θ) > 0

]
,

y, otherwise.

(19)

where θ ∈ R is the parameter estimate and
f(θ) :=

∥θ∥2−θ2M
2ϵθ2M+ϵ2

, with ϵ > 0 a tunable parame-
ter and θM the maximum absolute value of θ.
As stated in [2], when ȧd = 0, the equilib-
rium point is Globally Asymptotically Stable,
and for any bounded ȧd, the closed-loop solu-
tions of the system are Uniformly Ultimately
Bounded. Thus, the controller reported in (16)-
(18) achieves satisfactory performance for dy-
namic trajectories (such as circular motion),
provided that the acceleration remains small and
the gains are properly tuned.

3. Methodology
Despite providing acceptable results, the ob-
server presents limitations in terms of perfor-
mance and stability with ȧd ̸= 0. To improve
on this, different alternative solutions are inves-
tigated.

3.1. Adaptive Input and State Esti-
mation (AISE)

The Adaptive Input and State Estimation
(AISE) [4] is similar to a regular Kalman Fil-
ter (KF). The main difference between the AISE
and the traditional KF is that this innovative
method is capable of estimating higher-order
derivatives of the position by solving an opti-
mization problem. The underlying idea is that
having an estimate of the acceleration, this term
can be removed from the exogenous component
of the dynamics expressed in (16).
The state equations for both filters are:

AISE: xfc,k+1 = AAISExda,k +Bd̂k

Kalman Filter: xfc,k+1 = AKFxda,k,

(20)
(21)

where x is the state vector, which belongs to R2

and R3 for KF and AISE, respectively; B ∈ R3

is the input matrix, d̂ ∈ R is the input estimate,
andA is the state matrix. The above matrices
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are defined as:

AAISE =

1 Ts
1
2T

2
s

0 1 Ts

0 0 1

 , B =


1
6T

3
s

1
2T

2
s

Ts

 ,

AKF =

[
1 Ts

0 1

]
. (22)

In this case, the input estimate d̂ corresponds to
the jerk of the target drone. As reported in [4],
the estimate d̂k is given by:

d̂k =

ne∑
i=1

Pi,kd̂k−i +

ne∑
i=0

Qi,kzk−i, (23)

where Pi,k ∈ R and Qi,k ∈ R are gains, and
z is the innovation. To compute these gains,
the following Recursive Least-Squares problem
is solved:

P−1
k+1 = λkP

−1
k + (1− λk)R∞ + Φ̃T

k R̃Φ̃k

θk+1 = θk + Pk+1Φ̃
T
k R̃(z̃k + Φ̃kθk),

(24)

(25)

where Pk ∈ Rlθ×lθ is the positive-definite covari-
ance matrix, the positive-definite matrix R∞ ∈
Rlθ×lθ is the user-selected resetting matrix, Φ̃k

is the filter regressor matrix, R̃ is a weighting
matrix, λk is the forgetting factor, and where,
for all k ≥ 0,

ẑk
△
=

[
zk − d̂f,k

0

]
. (26)

Solving this problem which depends on the in-
novation z, provides the necessary gains which
are given by:

θk
△
=

[
P1,k · · · Pne,k Q0,k · · · Qne,k

]T
(27)

3.2. Harmonic Compensators
The harmonic compensators implemented in [5]
are based on the internal model principle, which
uses the difference between the process and the
internal model outputs to obtain the estimate of
the disturbance. In this context, the disturbance
corresponds to the disturbance acceleration âd.
The idea with the compensators is to replace the
observer-based adaptive control law defined in

(16)-(18) by the internal models. In the equa-
tions later explained, γc and γω are related to
the disturbance as follows:{

ẋc = γc(xc, ev)

âd = γω(xc, ev)
, (28)

where xc ∈ R3 is the state of the internal model,
and âd ∈ R3 is the disturbance acceleration es-
timation.

3.3. Standard Harmonic Compen-
sator (SHC)

The standard harmonic compensator (SHC) is
defined by:

γc(xc, ev) := Awxc +KcC
⊤
w ev

γω(xc, ev) := Cwxc +Kωev,

(29)

(30)

where Aw = blkdiag

(
03,

[
0 −Ω1

Ω1 0

]
, . . . ,[

0 −Ωnd

Ωnd
0

])
∈ R(3+2nd)×(3+2nd), and Cw ∈

R3×(3+2nd) are assumed to be an observ-
able pair, being nd the number of dis-
turbances. With tunable matrices Kc =
blkdiag(KI , kc1I2, . . . , kcdI2) ∈ R3+2nd×3+2nd

>0 ,
KI = diag(kI1 , kI2 , kI3) ∈ R3×3

>0 , where kci > 0
∀i ∈ {1, 2 . . . nd}. Note that for the SHC, the
frequencies of the harmonics must be known and
included in matrix Aw. For example, for a cir-
cular trajectory, the frequency of the harmonic
corresponds to the angular frequency of the car-
rier trajectory ωt.

3.4. Adaptive Harmonic Compen-
sator (AHC)

The upside of this method is that no previous
knowledge of the harmonic frequency is needed.
The Adaptive Harmonic Compensator (AHC) is
given by:

γci(xc, ev) :=

:=

[
Aoi ζ̂i − boi

(
kωievi − θ̂⊤i ζ̂i + evi

)
−kci ζ̂ievi

]
γωi(xc, ev) := kωievi − θ̂⊤i ζ̂i + evi

(31)

(32)

∀i ∈ {1, 2, 3}, where xci =
[
η⊤i θ̂⊤i

]⊤ ∈ R2+2,
and ζ̂i := ηi − boimevi . The pair (Aoi , boi) ∈
R2×2
<0 × R2 satisfies MiAwi −AoiMi = boic

⊤
wi

for
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some non-singular matrix Mi ∈ R2×2, kci > 0 is
the adaptation gain, and m is the mass of the
follower.

3.5. Adaptive controllers comparison
Under ideal conditions, that is, with perfect po-
sition measurements and without delays, the
observer-based adaptive controller with projec-
tion operator (PO), the SHC and AHC are
tested. For the test the carrier is set to perform
a circular trajectory, with the goal of finding the
maximum angular speed of the carrier at which
landing could be successful for each of the con-
trollers. The results are summarized in Table
1. It is evident that both compensators greatly
outperformed the adaptive controller used in [2].

Table 1: Landing results for different adaptive
controllers.

ω [rad/s] Landing Time [s]

PO 0.8 12.2

SHC 3 11.13
AHC 3 17.09

4. Simulation Environment
A simulation environment is designed to ease the
transition between preliminary simulations and
in-flight tests by creating realistic simulations
of the landing scenario. In experiments where
information between the drones is not shared
(non-cooperative scenario), the follower drone
relies on a mounted camera which is used to de-
tect an ArUco marker attached to the target to
estimate its position and velocity.

4.1. Environment Design
To replicate this setup in Simulink, the Unreal
Engine package is used to introduce vision-in-
the-loop. The environment includes:

• Drones: Both the carrier and the follower;
• ArUco Marker: Attached to the top of the

carrier;
• Vision Detection System: Camera attached

to the follower and ArUco detection system
implemented;

• Scene: A 3D simulation scene is imple-
mented.

The interaction of the simulation environment
with the rest of the system already developed in
[2] can be seen in Figure 2.

Figure 2: Complete AAAL System.

4.2. Simulation Results
Different combinations of filters and disturbance
compensators are evaluated to determine the
best performing control system. In all simu-
lations, the carrier is set to perform a circular
trajectory with radius 1m and varying angular
speed. The aim is to find the maximum angular
speed at which landing is successful. The results
can be observed in Table 2.

Table 2: Summary of circular trajectory.

Filter Compensator Max. ω [rad/s]

AISE PO 0.5

KF PO 0.55

KF SHC 0.75
KF AHC 0.65

Table 2 shows the maximum angular speed at
which landing is successfully performed for dif-
ferent combinations of filter and compensator.
The angular velocities reached using the simu-
lation environment are significantly slower com-
pared to the ones obtained using the simplified
scenario (see Table 1), because of the delay intro-
duced by the Kalman Filter in the estimation of
the carrier velocity, which is approximately 0.3
seconds. As can be observed, the AISE filter is
outperformed by the Kalman filter. This is due
to the offset in phase and amplitude observed
for both the velocity and acceleration estimates,
which can be observed in Figure 3. Since this
method does not improve the performance of the
existing system, it is discarded. In addition, the
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Figure 3: AISE Filter Estimation.

two compensators provide an improvement in
terms of maximum angular speed of the carrier
when performing a circular trajectory. In terms
of landing speed, the best performance is ob-
tained with the SHC. This can be expected since
knowledge about the carrier’s angular speed ωt

is provided to the compensator.

Figure 4: Landing logic state.

Figure 4 and Figure 5 illustrate the behavior of
the hybrid logic during the landing procedure.
Note that in Figure 5, rin = rm − ∆/2 and
rout = rm + ∆/2. The logic state q switches
from synchronization mode (q = 0) to approach
mode (q = 1) as soon as the horizontal track-
ing error enters the predefined threshold. Once
the vertical distance between the carrier and the
follower becomes smaller than 0.15m, q transi-
tions from q = 1 to q = 2, marking the end of
the simulation. The example shown in these fig-
ures corresponds to the SHC configuration with
an angular frequency of ω = 0.75 rad/s, which
represents the most aggressive trajectory con-
sidered in this study. Nevertheless, the versatil-

Figure 5: Top view.

ity that the AHC provides is worth considering
since in non-cooperative scenarios, the carrier
frequency is usually unknown.

5. In-Flight Experiments
This section describes the experimental setup
and presents the results obtained.

5.1. Experimental Setup
Flight tests were performed in the FlyART fa-
cility at Politecnico di Milano, an indoor arena
with a 12-camera motion capture system (Mo-
Cap) tracking markers on the drones. By using
the Mo-Cap system instead of the camera detec-
tion system of the follower, the idea is to study
the compensators in a cooperative scenario with
high precision detection to focus solely on the
comparison between the different adaptive con-
trollers. For the tests, the AISE filter is dis-
carded since it previously showed poor perfor-
mance. The three adaptive controllers tested are
the observed-based adaptive controller with the
projection operator, the SHC and the AHC. For
the test, the carrier is set to perform a circu-
lar trajectory of radius 1m and angular speed of
either 0.6 rad/s or 1 rad/s.

5.2. Experiment Results
With ωt = 0.6 rad/s, all adaptive controllers,
PO, SHC and AHC, successfully completed the
landing procedure, providing a similar tracking
error. When the carrier’s angular velocity is
increased to ωt = 1 rad/s, the landing maneu-
ver is still completed with all controllers, but
clear differences emerge in their behavior. Fig-
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ure 6 shows the evolution of the tracking error
for the three approaches. As expected, the Pro-
jection Operator (PO) exhibits the largest er-
ror, reflecting its limited capability to compen-
sate for harmonic trajectories. For the AHC, the
initial set of parameters resulted in excessively
aggressive control action, causing the UAV to
generate high attitude angles and thrust peaks
that ultimately led to a crash. After retuning
the parameters, AHC exhibits a larger tracking
error at the beginning because it does not know
the carrier’s angular velocity, but it quickly con-
verges to lower values, presenting a very similar
behavior to the SHC.

Figure 6: Circular ω = 1 rad/s. Tracking error
comparison.

6. Conclusions
The aims of the thesis were to develop a simu-
lation environment as well as investigating new
methods to improve the adaptive controller of
UAVs to perform air-to-air landing. Both were
successfully achieved.
Regarding the controllers, both harmonic com-
pensators showed an improvement in perfor-
mance with respect to the existing adaptive con-
troller. On the one side, the SHC displayed
the best performance, since knowledge about the
harmonic frequency is provided to the system.
On the other side, the AHC showed a decent
performance despite being more aggressive than
the SHC, with its main advantage being that no
knowledge about the frequency is needed.
The AISE is ultimately discarded as a viable es-
timation method for the final implementation.
Despite extensive efforts devoted to parameter

tuning, it is not possible to reproduce the be-
havior reported in [4]. Significant discrepancies
are observed between the estimated and the true
velocity and acceleration, especially under dy-
namic conditions. These inconsistencies lead to
degraded tracking performance and prevent the
reliable use of the AISE within the landing ar-
chitecture. For these reasons, only the Kalman
Filter is retained for the experimental validation.
The simulation environment proved to be a
great transition between preliminary simulations
and in-flight experiments. It showed important
features regarding the behavior of the systems
that were later confirmed with the experimental
tests.
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